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• Which genes/factors are associated with a disease? 
• Want small subset of p (> N) covariates (cf. LASSO) 
• Additive model often not enough: need interactions (now p2 dims!) 
• We provide: Fast, accurate (Bayes) method for interaction discovery 

• Better scaling in p & better accuracy than LASSO-based methods. 
Orders of magnitude faster than naive Bayesian inference

Disease
Person 1

Person 2

…

Person N



Roadmap



Roadmap

• Setup: Discovering main and interaction effects



Roadmap

• Setup: Discovering main and interaction effects 
• Our method



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference 
• Fast reporting of results



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference 
• Fast reporting of results 

• Experiments on simulated and real data



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference 
• Fast reporting of results 

• Experiments on simulated and real data



Discovering main and interaction effects

2

Gene expression levels
Person 1

Person 2

Disease



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

…

2



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…

2



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…

2

x> := [x1, . . . , xp]

<latexit sha1_base64="C7hMPmSlKMmXI4b5tV5km51o794=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSpmRgiIIRTcuK9gHdMaSSTNtaGYyJHekZehPuPFX3LhQxK3gzr8xfSy09UDg3HPu5eaeIBFcg+N8W0vLK6tr67mN/ObW9s6uvbdf1zJVlNWoFFI1A6KZ4DGrAQfBmoliJAoEawT967HfeGBKcxnfwTBhfkS6MQ85JWCktl0c3GceyGSELy6xJ1gILYwHbbdoio4EXTRFgj3Fuz3w23bBKTkT4EXizkgBzVBt219eR9I0YjFQQbRuuU4CfkYUcCrYKO+lmiWE9kmXtQyNScS0n02uGuFjo3RwKJV5MeCJ+nsiI5HWwygwnRGBnp73xuJ/XiuF8NzPeJykwGI6XRSmAoPE44hwhytGQQwNIVRx81dMe0QRCibIvAnBnT95kdRPS265VL4tFypXszhy6BAdoRPkojNUQTeoimqIokf0jF7Rm/VkvVjv1se0dcmazRygP7A+fwA+DJ2g</latexit>



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…

y(n) = ✓>x(n) + ✏(n), ✏(n)
iid⇠ N (0,�2)

<latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit>

2

x> := [x1, . . . , xp]

<latexit sha1_base64="C7hMPmSlKMmXI4b5tV5km51o794=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSpmRgiIIRTcuK9gHdMaSSTNtaGYyJHekZehPuPFX3LhQxK3gzr8xfSy09UDg3HPu5eaeIBFcg+N8W0vLK6tr67mN/ObW9s6uvbdf1zJVlNWoFFI1A6KZ4DGrAQfBmoliJAoEawT967HfeGBKcxnfwTBhfkS6MQ85JWCktl0c3GceyGSELy6xJ1gILYwHbbdoio4EXTRFgj3Fuz3w23bBKTkT4EXizkgBzVBt219eR9I0YjFQQbRuuU4CfkYUcCrYKO+lmiWE9kmXtQyNScS0n02uGuFjo3RwKJV5MeCJ+nsiI5HWwygwnRGBnp73xuJ/XiuF8NzPeJykwGI6XRSmAoPE44hwhytGQQwNIVRx81dMe0QRCibIvAnBnT95kdRPS265VL4tFypXszhy6BAdoRPkojNUQTeoimqIokf0jF7Rm/VkvVjv1se0dcmazRygP7A+fwA+DJ2g</latexit>



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…

y(n) = ✓>x(n) + ✏(n), ✏(n)
iid⇠ N (0,�2)

<latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit>

2

x> := [1, x1, . . . , xp]

<latexit sha1_base64="HwkW1um3naIn3g0uYlTI4p1siok=">AAACF3icbVDLSgMxFM3UV62vUZdugkVwIWVGCoogFN24rGAf0BlLJs20oZnJkNyRlqF/4cZfceNCEbe6829MHwttPZBwcs693NwTJIJrcJxvK7e0vLK6ll8vbGxube/Yu3t1LVNFWY1KIVUzIJoJHrMacBCsmShGokCwRtC/HvuNB6Y0l/EdDBPmR6Qb85BTAkZq26XBfeaBTEb44hJ7goXQwu4JHrTN5YmOBD1+JNhTvNsDv20XnZIzAV4k7owU0QzVtv3ldSRNIxYDFUTrlusk4GdEAaeCjQpeqllCaJ90WcvQmERM+9lkrxE+MkoHh1KZEwOeqL87MhJpPYwCUxkR6Ol5byz+57VSCM/9jMdJCiym00FhKjBIPA4Jd7hiFMTQEEIVN3/FtEcUoWCiLJgQ3PmVF0n9tOSWS+XbcrFyNYsjjw7QITpGLjpDFXSDqqiGKHpEz+gVvVlP1ov1bn1MS3PWrGcf/YH1+QMsdZ4R</latexit>



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…

y(n) = ✓>x(n) + ✏(n), ✏(n)
iid⇠ N (0,�2)

<latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit>

2

x> := [1, x1, . . . , xp]

<latexit sha1_base64="HwkW1um3naIn3g0uYlTI4p1siok=">AAACF3icbVDLSgMxFM3UV62vUZdugkVwIWVGCoogFN24rGAf0BlLJs20oZnJkNyRlqF/4cZfceNCEbe6829MHwttPZBwcs693NwTJIJrcJxvK7e0vLK6ll8vbGxube/Yu3t1LVNFWY1KIVUzIJoJHrMacBCsmShGokCwRtC/HvuNB6Y0l/EdDBPmR6Qb85BTAkZq26XBfeaBTEb44hJ7goXQwu4JHrTN5YmOBD1+JNhTvNsDv20XnZIzAV4k7owU0QzVtv3ldSRNIxYDFUTrlusk4GdEAaeCjQpeqllCaJ90WcvQmERM+9lkrxE+MkoHh1KZEwOeqL87MhJpPYwCUxkR6Ol5byz+57VSCM/9jMdJCiym00FhKjBIPA4Jd7hiFMTQEEIVN3/FtEcUoWCiLJgQ3PmVF0n9tOSWS+XbcrFyNYsjjw7QITpGLjpDFXSDqqiGKHpEz+gVvVlP1ov1bn1MS3PWrGcf/YH1+QMsdZ4R</latexit>



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>

y(n) = ✓>x(n) + ✏(n), ✏(n)
iid⇠ N (0,�2)

<latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit>
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Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>

y(n) = ✓>x(n) + ✏(n), ✏(n)
iid⇠ N (0,�2)

<latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit><latexit sha1_base64="55Kh2wCSsqSY2G6IKk1Ouz+34wA="></latexit>

2



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>
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Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>
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Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

• Goal: Parameter selection/estimation

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>
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Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

• Goal: Parameter selection/estimation under assumptions:

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>
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Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

• Goal: Parameter selection/estimation under assumptions: 
• Sparsity: most main effects are negligible (interpretable)

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>
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Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

• Goal: Parameter selection/estimation under assumptions: 
• Sparsity: most main effects are negligible (interpretable) 
• Strong hierarchy: Interaction only if main effects are present

Disease

y
<latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit><latexit sha1_base64="kBWpEtbVW3xlz0t9EJbdPDfcZn0=">AAAB6HicbZBNS8NAEIYnftb6VfXoZbEInkoigh6LXjy2YD+gDWWznbRrN5uwuxFC6C/w4kERr/4kb/4bt20O2vrCwsM7M+zMGySCa+O6387a+sbm1nZpp7y7t39wWDk6bus4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcjerd55QaR7LB5Ml6Ed0JHnIGTXWamaDStWtuXORVfAKqEKhxqDy1R/GLI1QGiao1j3PTYyfU2U4Ezgt91ONCWUTOsKeRUkj1H4+X3RKzq0zJGGs7JOGzN3fEzmNtM6iwHZG1Iz1cm1m/lfrpSa88XMuk9SgZIuPwlQQE5PZ1WTIFTIjMguUKW53JWxMFWXGZlO2IXjLJ69C+7LmWW5eVeu3RRwlOIUzuAAPrqEO99CAFjBAeIZXeHMenRfn3flYtK45xcwJ/JHz+QPnv4z9</latexit>

…
�>

2 (x) := [1, x1, . . . , xp, x1x2, . . . , xp�1xp, x
2
1, . . . , x

2
p]

<latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit><latexit sha1_base64="yGYvxUIAsSRn2HrNP7TEgCZNKZE="></latexit>

[Chipman 1996; Wu et al 2009; Bien et al 2013; Lim, Hastie 2015; Nakagawa et al 2016; Griffin, Brown 2017]2



Discovering main and interaction effects
Gene expression levels

Person 1

Person 2
x1

<latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit><latexit sha1_base64="Z7jxfJr8/pbKF9IEHv5u2p28PzU=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aZdutmE3YlYQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iCRwqDrfjuFtfWNza3idmlnd2//oHx41DJxqhlvsljGuhNQw6VQvIkCJe8kmtMokLwdjG9m9fYj10bE6gEnCfcjOlQiFIyite6f+l6/XHGr7lxkFbwcKpCr0S9/9QYxSyOukElqTNdzE/QzqlEwyaelXmp4QtmYDnnXoqIRN342X3VKzqwzIGGs7VNI5u7viYxGxkyiwHZGFEdmuTYz/6t1Uwyv/EyoJEWu2OKjMJUEYzK7mwyE5gzlxAJlWthdCRtRTRnadEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzmfPwuyjaA=</latexit>

xp
<latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit><latexit sha1_base64="x9M7TarEIKf2K9Q+Yeq8k7ZwTI4=">AAAB6nicbZBNS8NAEIYn9avWr6pHL4tF8FQSEeqx6MVjRfsBbSib7aRdutmE3Y1YQn+CFw+KePUXefPfuG1z0NYXFh7emWFn3iARXBvX/XYKa+sbm1vF7dLO7t7+QfnwqKXjVDFssljEqhNQjYJLbBpuBHYShTQKBLaD8c2s3n5EpXksH8wkQT+iQ8lDzqix1v1TP+mXK27VnYusgpdDBXI1+uWv3iBmaYTSMEG17npuYvyMKsOZwGmpl2pMKBvTIXYtShqh9rP5qlNyZp0BCWNlnzRk7v6eyGik9SQKbGdEzUgv12bmf7VuasIrP+MySQ1KtvgoTAUxMZndTQZcITNiYoEyxe2uhI2ooszYdEo2BG/55FVoXVQ9y3eXlfp1HkcRTuAUzsGDGtThFhrQBAZDeIZXeHOE8+K8Ox+L1oKTzxzDHzmfP2sujd8=</latexit>

…

y(n) = ✓>�2(x
(n)) + ✏(n), ✏(n)

iid⇠ N (0,�2)
<latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit><latexit sha1_base64="uf23Mo+gRUPJ+aGSHjg9p7klgaQ="></latexit>

• Goal: Parameter selection/estimation under assumptions: 
• Sparsity: most main effects are negligible (interpretable) 
• Strong hierarchy: Interaction only if main effects are present

• p2 covariates: large p ➔ statistical & computational challenge

Disease

y
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Gene expression levels
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(n)) + ✏(n), ✏(n)
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• Goal: Parameter selection/estimation under assumptions: 
• Sparsity: most main effects are negligible (interpretable) 
• Strong hierarchy: Interaction only if main effects are present

• p2 covariates: large p ➔ statistical & computational challenge 
• Our solution: using structure in covariates + sparsity 

assumptions to reduce to a problem linear in p
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Not just for SKIM
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• MCMC option 1: sample   ✓
<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 1: sample     (p2 parameters)✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 1: sample     (p2 parameters)✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

• Time cost: O(p2N)
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 1: sample     (p2 parameters)

Our method
Option #1

✓
<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

• Time cost: O(p2N)

6



• MCMC option 1: sample     (p2 parameters)

Our method
Option #1

• Mixing (1000 iters Stan): 
• Option #1: all     > 1.05 
• Our method: all     < 1.05

R̂
<latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit>

R̂
<latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit><latexit sha1_base64="uOwzLWxgrxcwf13r4kKHhvwFbRc=">AAAB7nicbZBNS8NAEIYn9avWr6hHL4tF8FQSEfRY9OKxiv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOsLCw/vzLAzb5hKYdDzvp3S2vrG5lZ5u7Kzu7d/4B4etUySacabLJGJ7oTUcCkUb6JAyTup5jQOJW+H49tZvf3EtRGJesRJyoOYDpWIBKNorXZvRDF/mPbdqlfz5iKr4BdQhUKNvvvVGyQsi7lCJqkxXd9LMcipRsEkn1Z6meEpZWM65F2LisbcBPl83Sk5s86ARIm2TyGZu78nchobM4lD2xlTHJnl2sz8r9bNMLoOcqHSDLlii4+iTBJMyOx2MhCaM5QTC5RpYXclbEQ1ZWgTqtgQ/OWTV6F1UfMt319W6zdFHGU4gVM4Bx+uoA530IAmMBjDM7zCm5M6L86787FoLTnFzDH8kfP5A3aAj6M=</latexit>

✓
<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

• Time cost: O(p2N)
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for    ✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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X>X
<latexit sha1_base64="xORPmXy+EsfzGzypkeItGv7E7+0=">AAAB8XicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rGCbYNtLJvttl262YTdiVBC/4UXD4p49d9489+4bXPQ1gcDj/dmmJkXJlIYdN1vZ2V1bX1js7BV3N7Z3dsvHRw2TZxqxhsslrH2Q2q4FIo3UKDkfqI5jULJW+HoZuq3nrg2Ilb3OE54ENGBEn3BKFrpwX/MOhgnE+J3S2W34s5AlomXkzLkqHdLX51ezNKIK2SSGtP23ASDjGoUTPJJsZManlA2ogPetlTRiJsgm108IadW6ZF+rG0pJDP190RGI2PGUWg7I4pDs+hNxf+8dor9qyATKkmRKzZf1E8lwZhM3yc9oTlDObaEMi3srYQNqaYMbUhFG4K3+PIyaVYr3nmlendRrl3ncRTgGE7gDDy4hBrcQh0awEDBM7zCm2OcF+fd+Zi3rjj5zBH8gfP5A18nkLc=</latexit>

• MCMC option 2: use conditional conjugacy for     
• Compute and invert

✓
<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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Kernel Interaction Sampler vs. Naive MCMC

X>X
<latexit sha1_base64="xORPmXy+EsfzGzypkeItGv7E7+0=">AAAB8XicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rGCbYNtLJvttl262YTdiVBC/4UXD4p49d9489+4bXPQ1gcDj/dmmJkXJlIYdN1vZ2V1bX1js7BV3N7Z3dsvHRw2TZxqxhsslrH2Q2q4FIo3UKDkfqI5jULJW+HoZuq3nrg2Ilb3OE54ENGBEn3BKFrpwX/MOhgnE+J3S2W34s5AlomXkzLkqHdLX51ezNKIK2SSGtP23ASDjGoUTPJJsZManlA2ogPetlTRiJsgm108IadW6ZF+rG0pJDP190RGI2PGUWg7I4pDs+hNxf+8dor9qyATKkmRKzZf1E8lwZhM3yc9oTlDObaEMi3srYQNqaYMbUhFG4K3+PIyaVYr3nmlendRrl3ncRTgGE7gDDy4hBrcQh0awEDBM7zCm2OcF+fd+Zi3rjj5zBH8gfP5A18nkLc=</latexit>

+    prior precision matrix

• MCMC option 2: use conditional conjugacy for     
• Compute and invert

✓
<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

X>X
<latexit sha1_base64="xORPmXy+EsfzGzypkeItGv7E7+0=">AAAB8XicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rGCbYNtLJvttl262YTdiVBC/4UXD4p49d9489+4bXPQ1gcDj/dmmJkXJlIYdN1vZ2V1bX1js7BV3N7Z3dsvHRw2TZxqxhsslrH2Q2q4FIo3UKDkfqI5jULJW+HoZuq3nrg2Ilb3OE54ENGBEn3BKFrpwX/MOhgnE+J3S2W34s5AlomXkzLkqHdLX51ezNKIK2SSGtP23ASDjGoUTPJJsZManlA2ogPetlTRiJsgm108IadW6ZF+rG0pJDP190RGI2PGUWg7I4pDs+hNxf+8dor9qyATKkmRKzZf1E8lwZhM3yc9oTlDObaEMi3srYQNqaYMbUhFG4K3+PIyaVYr3nmlendRrl3ncRTgGE7gDDy4hBrcQh0awEDBM7zCm2OcF+fd+Zi3rjj5zBH8gfP5A18nkLc=</latexit>
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>

X: N⨉p

7



Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>

X: N⨉p 
𝛷2: N⨉p2
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>

x
=

p2

N
N

p2X: N⨉p 
𝛷2: N⨉p2

7



Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>
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<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>

x
=

p2

p2

p2
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N

p2X: N⨉p 
𝛷2: N⨉p2
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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=

p2

p2
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p2X: N⨉p 
𝛷2: N⨉p2
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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=
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Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>

x
=
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p2X: N⨉p 
𝛷2: N⨉p2

• Naive time cost: O(p4N+p6)

7



Kernel Interaction Sampler vs. Naive MCMC
• MCMC option 2: use conditional conjugacy for     

• Compute and invert
✓

<latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit><latexit sha1_base64="+2a+YdAkK5gXAKPWKNIZ/6djIOk=">AAAB7XicbZBNSwMxEIZn61etX1WPXoJF8FR2RdBj0YvHCvYD2qVk07SNzSZLMiuUpf/BiwdFvPp/vPlvTNs9aOsLgYd3ZsjMGyVSWPT9b6+wtr6xuVXcLu3s7u0flA+PmlanhvEG01KbdkQtl0LxBgqUvJ0YTuNI8lY0vp3VW0/cWKHVA04SHsZ0qMRAMIrOanZxxJH2yhW/6s9FViHIoQK56r3yV7evWRpzhUxSazuBn2CYUYOCST4tdVPLE8rGdMg7DhWNuQ2z+bZTcuacPhlo455CMnd/T2Q0tnYSR64zpjiyy7WZ+V+tk+LgOsyESlLkii0+GqSSoCaz00lfGM5QThxQZoTblbARNZShC6jkQgiWT16F5kU1cHx/Wand5HEU4QRO4RwCuIIa3EEdGsDgEZ7hFd487b14797HorXg5TPH8Efe5w+j+Y8o</latexit>

�2(X)>�2(X)
<latexit sha1_base64="BolRne7ihMJysuPMR2FqplL9X0w=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6qbMVEGXRTcuK9gHdMYhk2ba0EwyJBmhDHXjr7hxoYhb/8Kdf2PaDqKtBy6cnHMvufeECaNKO86XVVhaXlldK66XNja3tnfs3b2WEqnEpIkFE7ITIkUY5aSpqWakk0iC4pCRdji8mvjteyIVFfxWjxLix6jPaUQx0kYK7AOvMaBBrdI5ufO0SODPM7DLTtWZAi4SNydlkKMR2J9eT+A0JlxjhpTquk6i/QxJTTEj45KXKpIgPER90jWUo5goP5teMIbHRunBSEhTXMOp+nsiQ7FSozg0nTHSAzXvTcT/vG6qows/ozxJNeF49lGUMqgFnMQBe1QSrNnIEIQlNbtCPEASYW1CK5kQ3PmTF0mrVnVPq7Wbs3L9Mo+jCA7BEagAF5yDOrgGDdAEGDyAJ/ACXq1H69l6s95nrQUrn9kHf2B9fAPfgpU6</latexit>
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• MCMC option 2: use conditional conjugacy for     

• Compute and invert
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Kernel Interaction Sampler vs. Naive MCMC

• Compute and invert
�2(X)>�2(X)
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X: N⨉p 
𝛷2: N⨉p2
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Kernel Interaction Sampler vs. Naive MCMC
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X: N⨉p 
𝛷2: N⨉p2

• Our approach: use conditional conjugacy for  
• Compute and invert 

✓T�2(X)

<latexit sha1_base64="MHrE9Fb6PJfa18/eWsw9wEejwMo=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBHqpiSloMuiG5cV+oImhsl00gydPJi5EUvor7hxoYhbf8Sdf+O0zUJbD1w4nHMv997jp4IrsKxvY2Nza3tnt7RX3j84PDo2Tyo9lWSSsi5NRCIHPlFM8Jh1gYNgg1QyEvmC9f3J7dzvPzKpeBJ3YJoyNyLjmAecEtCSZ1YcCBmQhw522iH3GrXBpWdWrbq1AF4ndkGqqEDbM7+cUUKziMVABVFqaFspuDmRwKlgs7KTKZYSOiFjNtQ0JhFTbr64fYYvtDLCQSJ1xYAX6u+JnERKTSNfd0YEQrXqzcX/vGEGwbWb8zjNgMV0uSjIBIYEz4PAIy4ZBTHVhFDJ9a2YhkQSCjqusg7BXn15nfQadbtZb943q62bIo4SOkPnqIZsdIVa6A61URdR9ISe0St6M2bGi/FufCxbN4xi5hT9gfH5A2gok2E=</latexit>
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Kernel Interaction Sampler vs. Naive MCMC

X: N⨉p 
𝛷2: N⨉p2

• Our approach: use conditional conjugacy for  
• Compute and invert 
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<latexit sha1_base64="sm9Lm51YMsTN1GZyHHad9vLEtUY=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KokU9Fj04rGC/YAmhM122i7dbMLuRCyhf8OLB0W8+me8+W/ctjlo64OBx3szzMyLUikMuu63s7a+sbm1Xdop7+7tHxxWjo7bJsk0hxZPZKK7ETMghYIWCpTQTTWwOJLQica3M7/zCNqIRD3gJIUgZkMlBoIztJLv4wiQhflTKKZhperW3DnoKvEKUiUFmmHly+8nPItBIZfMmJ7nphjkTKPgEqZlPzOQMj5mQ+hZqlgMJsjnN0/puVX6dJBoWwrpXP09kbPYmEkc2c6Y4cgsezPxP6+X4eA6yIVKMwTFF4sGmaSY0FkAtC80cJQTSxjXwt5K+YhpxtHGVLYheMsvr5L2Zc2r1+r39WrjpoijRE7JGbkgHrkiDXJHmqRFOEnJM3klb07mvDjvzseidc0pZk7IHzifP4YYkgI=</latexit>

✓xixj

<latexit sha1_base64="nA5mZnrxRlCboTGwhCtuPAVClw0=">AAAB+XicbVDLSgNBEOyNrxhfqx69DAbBU9iVgB6DXjxGMA9IlmV2MknGzD6Y6Q0JS/7EiwdFvPon3vwbJ8keNLGgoajqprsrSKTQ6DjfVmFjc2t7p7hb2ts/ODyyj0+aOk4V4w0Wy1i1A6q5FBFvoEDJ24niNAwkbwWju7nfGnOlRRw94jThXkgHkegLRtFIvm13cciR+tnEF2TiP818u+xUnAXIOnFzUoYcdd/+6vZiloY8Qiap1h3XSdDLqELBJJ+VuqnmCWUjOuAdQyMacu1li8tn5MIoPdKPlakIyUL9PZHRUOtpGJjOkOJQr3pz8T+vk2L/xstElKTII7Zc1E8lwZjMYyA9oThDOTWEMiXMrYQNqaIMTVglE4K7+vI6aV5V3Gql+lAt127zOIpwBudwCS5cQw3uoQ4NYDCGZ3iFNyuzXqx362PZWrDymVP4A+vzB75Rk7w=</latexit>

g = ✓T�2

<latexit sha1_base64="Qk4F2ZQhG/MLiEnghD8hSC+Sti8=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiSloBuh6MZlhb6gjWEynTRDJw9mboQQ6q+4caGIWz/EnX/jtM1CWw9cOJxzL/fe4yWCK7Csb6O0sbm1vVPereztHxwemccnPRWnkrIujUUsBx5RTPCIdYGDYINEMhJ6gvW96e3c7z8yqXgcdSBLmBOSScR9TgloyTWrE3yNRxAwIA8dPGoH3G24Zs2qWwvgdWIXpIYKtF3zazSOaRqyCKggSg1tKwEnJxI4FWxWGaWKJYROyYQNNY1IyJSTL46f4XOtjLEfS10R4IX6eyInoVJZ6OnOkECgVr25+J83TMG/cnIeJSmwiC4X+anAEON5EnjMJaMgMk0IlVzfimlAJKGg86roEOzVl9dJr1G3m/XmfbPWuiniKKNTdIYukI0uUQvdoTbqIooy9Ixe0ZvxZLwY78bHsrVkFDNV9AfG5w/lKZOm</latexit>

g(ei) = ✓xi + ✓x2
i

<latexit sha1_base64="BF+sRWk0ZrzYVyHz6bh5btC56TI=">AAACD3icbVDJSgNBEO1xjXGLevTSGJSIEGZCQC9C0IvHCGaBJA49nUrSpGehu0YMQ/7Ai7/ixYMiXr1682/sLIeY+KDg9XtVdNXzIik02vaPtbS8srq2ntpIb25t7+xm9varOowVhwoPZajqHtMgRQAVFCihHilgvieh5vWvR37tAZQWYXCHgwhaPusGoiM4QyO5mZNuDlxxSi9pE3uAzE0eXTGkZ7PP+8LQzWTtvD0GXSTOlGTJFGU3891shzz2IUAumdYNx46wlTCFgksYppuxhojxPutCw9CA+aBbyfieIT02Spt2QmUqQDpWZycS5ms98D3T6TPs6XlvJP7nNWLsXLQSEUQxQsAnH3ViSTGko3BoWyjgKAeGMK6E2ZXyHlOMo4kwbUJw5k9eJNVC3inmi7fFbOlqGkeKHJIjkiMOOSclckPKpEI4eSIv5I28W8/Wq/VhfU5al6zpzAH5A+vrF1Fhm50=</latexit>

Reporting: Kernel Interaction Trick



• Can access posterior of                    in O(p) time per iteration 
• But our goal is to find main and interaction effects 
• Step A: Report posterior of        or            in O(1) time

9

✓xi

<latexit sha1_base64="sm9Lm51YMsTN1GZyHHad9vLEtUY=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KokU9Fj04rGC/YAmhM122i7dbMLuRCyhf8OLB0W8+me8+W/ctjlo64OBx3szzMyLUikMuu63s7a+sbm1Xdop7+7tHxxWjo7bJsk0hxZPZKK7ETMghYIWCpTQTTWwOJLQica3M7/zCNqIRD3gJIUgZkMlBoIztJLv4wiQhflTKKZhperW3DnoKvEKUiUFmmHly+8nPItBIZfMmJ7nphjkTKPgEqZlPzOQMj5mQ+hZqlgMJsjnN0/puVX6dJBoWwrpXP09kbPYmEkc2c6Y4cgsezPxP6+X4eA6yIVKMwTFF4sGmaSY0FkAtC80cJQTSxjXwt5K+YhpxtHGVLYheMsvr5L2Zc2r1+r39WrjpoijRE7JGbkgHrkiDXJHmqRFOEnJM3klb07mvDjvzseidc0pZk7IHzifP4YYkgI=</latexit>

✓xixj

<latexit sha1_base64="nA5mZnrxRlCboTGwhCtuPAVClw0=">AAAB+XicbVDLSgNBEOyNrxhfqx69DAbBU9iVgB6DXjxGMA9IlmV2MknGzD6Y6Q0JS/7EiwdFvPon3vwbJ8keNLGgoajqprsrSKTQ6DjfVmFjc2t7p7hb2ts/ODyyj0+aOk4V4w0Wy1i1A6q5FBFvoEDJ24niNAwkbwWju7nfGnOlRRw94jThXkgHkegLRtFIvm13cciR+tnEF2TiP818u+xUnAXIOnFzUoYcdd/+6vZiloY8Qiap1h3XSdDLqELBJJ+VuqnmCWUjOuAdQyMacu1li8tn5MIoPdKPlakIyUL9PZHRUOtpGJjOkOJQr3pz8T+vk2L/xstElKTII7Zc1E8lwZjMYyA9oThDOTWEMiXMrYQNqaIMTVglE4K7+vI6aV5V3Gql+lAt127zOIpwBudwCS5cQw3uoQ4NYDCGZ3iFNyuzXqx362PZWrDymVP4A+vzB75Rk7w=</latexit>

g = ✓T�2

<latexit sha1_base64="Qk4F2ZQhG/MLiEnghD8hSC+Sti8=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiSloBuh6MZlhb6gjWEynTRDJw9mboQQ6q+4caGIWz/EnX/jtM1CWw9cOJxzL/fe4yWCK7Csb6O0sbm1vVPereztHxwemccnPRWnkrIujUUsBx5RTPCIdYGDYINEMhJ6gvW96e3c7z8yqXgcdSBLmBOSScR9TgloyTWrE3yNRxAwIA8dPGoH3G24Zs2qWwvgdWIXpIYKtF3zazSOaRqyCKggSg1tKwEnJxI4FWxWGaWKJYROyYQNNY1IyJSTL46f4XOtjLEfS10R4IX6eyInoVJZ6OnOkECgVr25+J83TMG/cnIeJSmwiC4X+anAEON5EnjMJaMgMk0IlVzfimlAJKGg86roEOzVl9dJr1G3m/XmfbPWuiniKKNTdIYukI0uUQvdoTbqIooy9Ixe0ZvxZLwY78bHsrVkFDNV9AfG5w/lKZOm</latexit>

g(ei) = ✓xi + ✓x2
i

<latexit sha1_base64="BF+sRWk0ZrzYVyHz6bh5btC56TI=">AAACD3icbVDJSgNBEO1xjXGLevTSGJSIEGZCQC9C0IvHCGaBJA49nUrSpGehu0YMQ/7Ai7/ixYMiXr1682/sLIeY+KDg9XtVdNXzIik02vaPtbS8srq2ntpIb25t7+xm9varOowVhwoPZajqHtMgRQAVFCihHilgvieh5vWvR37tAZQWYXCHgwhaPusGoiM4QyO5mZNuDlxxSi9pE3uAzE0eXTGkZ7PP+8LQzWTtvD0GXSTOlGTJFGU3891shzz2IUAumdYNx46wlTCFgksYppuxhojxPutCw9CA+aBbyfieIT02Spt2QmUqQDpWZycS5ms98D3T6TPs6XlvJP7nNWLsXLQSEUQxQsAnH3ViSTGko3BoWyjgKAeGMK6E2ZXyHlOMo4kwbUJw5k9eJNVC3inmi7fFbOlqGkeKHJIjkiMOOSclckPKpEI4eSIv5I28W8/Wq/VhfU5al6zpzAH5A+vrF1Fhm50=</latexit>

g(�ei) = �✓xi + ✓x2
i

<latexit sha1_base64="Kjc6rZInT1vyln3xOgq7W7W5/5g=">AAACEXicbVA9SwNBEN3z2/h1ammzGISIJNyFgDZC0MZSwRghOY+9zVyyuPfB7pwYjvwFG/+KjYUitnZ2/hs3MUWMPhh4+94MO/OCVAqNjvNlzczOzS8sLi0XVlbX1jfsza0rnWSKQ4MnMlHXAdMgRQwNFCjhOlXAokBCM7g9HfrNO1BaJPEl9lPwItaNRSg4QyP5dqlbKoMv9ukxLbexB8j8/N4XA3pAJ5431YFvF52KMwL9S9wxKZIxzn37s91JeBZBjFwyrVuuk6KXM4WCSxgU2pmGlPFb1oWWoTGLQHv56KIB3TNKh4aJMhUjHamTEzmLtO5HgemMGPb0tDcU//NaGYZHXi7iNEOI+c9HYSYpJnQYD+0IBRxl3xDGlTC7Ut5jinE0IRZMCO70yX/JVbXi1iq1i1qxfjKOY4nskF1SIi45JHVyRs5Jg3DyQJ7IC3m1Hq1n6816/2mdscYz2+QXrI9vMv+cCw==</latexit>

Reporting: Kernel Interaction Trick



• Can access posterior of                    in O(p) time per iteration 
• But our goal is to find main and interaction effects 
• Step A: Report posterior of        or            in O(1) time

9

✓xi

<latexit sha1_base64="sm9Lm51YMsTN1GZyHHad9vLEtUY=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KokU9Fj04rGC/YAmhM122i7dbMLuRCyhf8OLB0W8+me8+W/ctjlo64OBx3szzMyLUikMuu63s7a+sbm1Xdop7+7tHxxWjo7bJsk0hxZPZKK7ETMghYIWCpTQTTWwOJLQica3M7/zCNqIRD3gJIUgZkMlBoIztJLv4wiQhflTKKZhperW3DnoKvEKUiUFmmHly+8nPItBIZfMmJ7nphjkTKPgEqZlPzOQMj5mQ+hZqlgMJsjnN0/puVX6dJBoWwrpXP09kbPYmEkc2c6Y4cgsezPxP6+X4eA6yIVKMwTFF4sGmaSY0FkAtC80cJQTSxjXwt5K+YhpxtHGVLYheMsvr5L2Zc2r1+r39WrjpoijRE7JGbkgHrkiDXJHmqRFOEnJM3klb07mvDjvzseidc0pZk7IHzifP4YYkgI=</latexit>

✓xixj

<latexit sha1_base64="nA5mZnrxRlCboTGwhCtuPAVClw0=">AAAB+XicbVDLSgNBEOyNrxhfqx69DAbBU9iVgB6DXjxGMA9IlmV2MknGzD6Y6Q0JS/7EiwdFvPon3vwbJ8keNLGgoajqprsrSKTQ6DjfVmFjc2t7p7hb2ts/ODyyj0+aOk4V4w0Wy1i1A6q5FBFvoEDJ24niNAwkbwWju7nfGnOlRRw94jThXkgHkegLRtFIvm13cciR+tnEF2TiP818u+xUnAXIOnFzUoYcdd/+6vZiloY8Qiap1h3XSdDLqELBJJ+VuqnmCWUjOuAdQyMacu1li8tn5MIoPdKPlakIyUL9PZHRUOtpGJjOkOJQr3pz8T+vk2L/xstElKTII7Zc1E8lwZjMYyA9oThDOTWEMiXMrYQNqaIMTVglE4K7+vI6aV5V3Gql+lAt127zOIpwBudwCS5cQw3uoQ4NYDCGZ3iFNyuzXqx362PZWrDymVP4A+vzB75Rk7w=</latexit>

g = ✓T�2

<latexit sha1_base64="Qk4F2ZQhG/MLiEnghD8hSC+Sti8=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiSloBuh6MZlhb6gjWEynTRDJw9mboQQ6q+4caGIWz/EnX/jtM1CWw9cOJxzL/fe4yWCK7Csb6O0sbm1vVPereztHxwemccnPRWnkrIujUUsBx5RTPCIdYGDYINEMhJ6gvW96e3c7z8yqXgcdSBLmBOSScR9TgloyTWrE3yNRxAwIA8dPGoH3G24Zs2qWwvgdWIXpIYKtF3zazSOaRqyCKggSg1tKwEnJxI4FWxWGaWKJYROyYQNNY1IyJSTL46f4XOtjLEfS10R4IX6eyInoVJZ6OnOkECgVr25+J83TMG/cnIeJSmwiC4X+anAEON5EnjMJaMgMk0IlVzfimlAJKGg86roEOzVl9dJr1G3m/XmfbPWuiniKKNTdIYukI0uUQvdoTbqIooy9Ixe0ZvxZLwY78bHsrVkFDNV9AfG5w/lKZOm</latexit>

g(ei) = ✓xi + ✓x2
i

<latexit sha1_base64="BF+sRWk0ZrzYVyHz6bh5btC56TI=">AAACD3icbVDJSgNBEO1xjXGLevTSGJSIEGZCQC9C0IvHCGaBJA49nUrSpGehu0YMQ/7Ai7/ixYMiXr1682/sLIeY+KDg9XtVdNXzIik02vaPtbS8srq2ntpIb25t7+xm9varOowVhwoPZajqHtMgRQAVFCihHilgvieh5vWvR37tAZQWYXCHgwhaPusGoiM4QyO5mZNuDlxxSi9pE3uAzE0eXTGkZ7PP+8LQzWTtvD0GXSTOlGTJFGU3891shzz2IUAumdYNx46wlTCFgksYppuxhojxPutCw9CA+aBbyfieIT02Spt2QmUqQDpWZycS5ms98D3T6TPs6XlvJP7nNWLsXLQSEUQxQsAnH3ViSTGko3BoWyjgKAeGMK6E2ZXyHlOMo4kwbUJw5k9eJNVC3inmi7fFbOlqGkeKHJIjkiMOOSclckPKpEI4eSIv5I28W8/Wq/VhfU5al6zpzAH5A+vrF1Fhm50=</latexit>

g(�ei) = �✓xi + ✓x2
i

<latexit sha1_base64="Kjc6rZInT1vyln3xOgq7W7W5/5g=">AAACEXicbVA9SwNBEN3z2/h1ammzGISIJNyFgDZC0MZSwRghOY+9zVyyuPfB7pwYjvwFG/+KjYUitnZ2/hs3MUWMPhh4+94MO/OCVAqNjvNlzczOzS8sLi0XVlbX1jfsza0rnWSKQ4MnMlHXAdMgRQwNFCjhOlXAokBCM7g9HfrNO1BaJPEl9lPwItaNRSg4QyP5dqlbKoMv9ukxLbexB8j8/N4XA3pAJ5431YFvF52KMwL9S9wxKZIxzn37s91JeBZBjFwyrVuuk6KXM4WCSxgU2pmGlPFb1oWWoTGLQHv56KIB3TNKh4aJMhUjHamTEzmLtO5HgemMGPb0tDcU//NaGYZHXi7iNEOI+c9HYSYpJnQYD+0IBRxl3xDGlTC7Ut5jinE0IRZMCO70yX/JVbXi1iq1i1qxfjKOY4nskF1SIi45JHVyRs5Jg3DyQJ7IC3m1Hq1n6816/2mdscYz2+QXrI9vMv+cCw==</latexit>

g(ei)� g(�ei)

2
= ✓xi

<latexit sha1_base64="cHAa0ZrvHUj59+jWBG4BZ0kERV8=">AAACEnicbZC7SgNBFIZn4y3GW9TSZjAIsTDshoA2QtDGMoLRQDYss5OzyeDshZmzYlj2GWx8FRsLRWyt7HwbZ2MKbz8MfPznHM6c30+k0GjbH1Zpbn5hcam8XFlZXVvfqG5uXeo4VRy6PJax6vlMgxQRdFGghF6igIW+hCv/+rSoX92A0iKOLnCSwCBko0gEgjM0llfddwPFeDaqgyf26QEd1Q8KyrNmTo+pi2NA5mW3nsi9as1u2FPRv+DMoEZm6njVd3cY8zSECLlkWvcdO8FBxhQKLiGvuKmGhPFrNoK+wYiFoAfZ9KSc7hlnSINYmRchnbrfJzIWaj0JfdMZMhzr37XC/K/WTzE4GmQiSlKEiH8tClJJMaZFPnQoFHCUEwOMK2H+SvmYmYzQpFgxITi/T/4Ll82G02q0zlu19sksjjLZIbukThxySNrkjHRIl3ByRx7IE3m27q1H68V6/WotWbOZbfJD1tsnxE6cUA==</latexit>

Reporting: Kernel Interaction Trick



• Can access posterior of                    in O(p) time per iteration 
• But our goal is to find main and interaction effects 
• Step A: Report posterior of        or            in O(1) time

9

✓xi

<latexit sha1_base64="sm9Lm51YMsTN1GZyHHad9vLEtUY=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KokU9Fj04rGC/YAmhM122i7dbMLuRCyhf8OLB0W8+me8+W/ctjlo64OBx3szzMyLUikMuu63s7a+sbm1Xdop7+7tHxxWjo7bJsk0hxZPZKK7ETMghYIWCpTQTTWwOJLQica3M7/zCNqIRD3gJIUgZkMlBoIztJLv4wiQhflTKKZhperW3DnoKvEKUiUFmmHly+8nPItBIZfMmJ7nphjkTKPgEqZlPzOQMj5mQ+hZqlgMJsjnN0/puVX6dJBoWwrpXP09kbPYmEkc2c6Y4cgsezPxP6+X4eA6yIVKMwTFF4sGmaSY0FkAtC80cJQTSxjXwt5K+YhpxtHGVLYheMsvr5L2Zc2r1+r39WrjpoijRE7JGbkgHrkiDXJHmqRFOEnJM3klb07mvDjvzseidc0pZk7IHzifP4YYkgI=</latexit>

✓xixj

<latexit sha1_base64="nA5mZnrxRlCboTGwhCtuPAVClw0=">AAAB+XicbVDLSgNBEOyNrxhfqx69DAbBU9iVgB6DXjxGMA9IlmV2MknGzD6Y6Q0JS/7EiwdFvPon3vwbJ8keNLGgoajqprsrSKTQ6DjfVmFjc2t7p7hb2ts/ODyyj0+aOk4V4w0Wy1i1A6q5FBFvoEDJ24niNAwkbwWju7nfGnOlRRw94jThXkgHkegLRtFIvm13cciR+tnEF2TiP818u+xUnAXIOnFzUoYcdd/+6vZiloY8Qiap1h3XSdDLqELBJJ+VuqnmCWUjOuAdQyMacu1li8tn5MIoPdKPlakIyUL9PZHRUOtpGJjOkOJQr3pz8T+vk2L/xstElKTII7Zc1E8lwZjMYyA9oThDOTWEMiXMrYQNqaIMTVglE4K7+vI6aV5V3Gql+lAt127zOIpwBudwCS5cQw3uoQ4NYDCGZ3iFNyuzXqx362PZWrDymVP4A+vzB75Rk7w=</latexit>

g = ✓T�2

<latexit sha1_base64="Qk4F2ZQhG/MLiEnghD8hSC+Sti8=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiSloBuh6MZlhb6gjWEynTRDJw9mboQQ6q+4caGIWz/EnX/jtM1CWw9cOJxzL/fe4yWCK7Csb6O0sbm1vVPereztHxwemccnPRWnkrIujUUsBx5RTPCIdYGDYINEMhJ6gvW96e3c7z8yqXgcdSBLmBOSScR9TgloyTWrE3yNRxAwIA8dPGoH3G24Zs2qWwvgdWIXpIYKtF3zazSOaRqyCKggSg1tKwEnJxI4FWxWGaWKJYROyYQNNY1IyJSTL46f4XOtjLEfS10R4IX6eyInoVJZ6OnOkECgVr25+J83TMG/cnIeJSmwiC4X+anAEON5EnjMJaMgMk0IlVzfimlAJKGg86roEOzVl9dJr1G3m/XmfbPWuiniKKNTdIYukI0uUQvdoTbqIooy9Ixe0ZvxZLwY78bHsrVkFDNV9AfG5w/lKZOm</latexit>

• Step B: Find             sparse main effects: takes O(p) timek ⌧ p
<latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit>

g(ei) = ✓xi + ✓x2
i

<latexit sha1_base64="BF+sRWk0ZrzYVyHz6bh5btC56TI=">AAACD3icbVDJSgNBEO1xjXGLevTSGJSIEGZCQC9C0IvHCGaBJA49nUrSpGehu0YMQ/7Ai7/ixYMiXr1682/sLIeY+KDg9XtVdNXzIik02vaPtbS8srq2ntpIb25t7+xm9varOowVhwoPZajqHtMgRQAVFCihHilgvieh5vWvR37tAZQWYXCHgwhaPusGoiM4QyO5mZNuDlxxSi9pE3uAzE0eXTGkZ7PP+8LQzWTtvD0GXSTOlGTJFGU3891shzz2IUAumdYNx46wlTCFgksYppuxhojxPutCw9CA+aBbyfieIT02Spt2QmUqQDpWZycS5ms98D3T6TPs6XlvJP7nNWLsXLQSEUQxQsAnH3ViSTGko3BoWyjgKAeGMK6E2ZXyHlOMo4kwbUJw5k9eJNVC3inmi7fFbOlqGkeKHJIjkiMOOSclckPKpEI4eSIv5I28W8/Wq/VhfU5al6zpzAH5A+vrF1Fhm50=</latexit>

g(�ei) = �✓xi + ✓x2
i

<latexit sha1_base64="Kjc6rZInT1vyln3xOgq7W7W5/5g=">AAACEXicbVA9SwNBEN3z2/h1ammzGISIJNyFgDZC0MZSwRghOY+9zVyyuPfB7pwYjvwFG/+KjYUitnZ2/hs3MUWMPhh4+94MO/OCVAqNjvNlzczOzS8sLi0XVlbX1jfsza0rnWSKQ4MnMlHXAdMgRQwNFCjhOlXAokBCM7g9HfrNO1BaJPEl9lPwItaNRSg4QyP5dqlbKoMv9ukxLbexB8j8/N4XA3pAJ5431YFvF52KMwL9S9wxKZIxzn37s91JeBZBjFwyrVuuk6KXM4WCSxgU2pmGlPFb1oWWoTGLQHv56KIB3TNKh4aJMhUjHamTEzmLtO5HgemMGPb0tDcU//NaGYZHXi7iNEOI+c9HYSYpJnQYD+0IBRxl3xDGlTC7Ut5jinE0IRZMCO70yX/JVbXi1iq1i1qxfjKOY4nskF1SIi45JHVyRs5Jg3DyQJ7IC3m1Hq1n6816/2mdscYz2+QXrI9vMv+cCw==</latexit>

g(ei)� g(�ei)

2
= ✓xi

<latexit sha1_base64="cHAa0ZrvHUj59+jWBG4BZ0kERV8=">AAACEnicbZC7SgNBFIZn4y3GW9TSZjAIsTDshoA2QtDGMoLRQDYss5OzyeDshZmzYlj2GWx8FRsLRWyt7HwbZ2MKbz8MfPznHM6c30+k0GjbH1Zpbn5hcam8XFlZXVvfqG5uXeo4VRy6PJax6vlMgxQRdFGghF6igIW+hCv/+rSoX92A0iKOLnCSwCBko0gEgjM0llfddwPFeDaqgyf26QEd1Q8KyrNmTo+pi2NA5mW3nsi9as1u2FPRv+DMoEZm6njVd3cY8zSECLlkWvcdO8FBxhQKLiGvuKmGhPFrNoK+wYiFoAfZ9KSc7hlnSINYmRchnbrfJzIWaj0JfdMZMhzr37XC/K/WTzE4GmQiSlKEiH8tClJJMaZFPnQoFHCUEwOMK2H+SvmYmYzQpFgxITi/T/4Ll82G02q0zlu19sksjjLZIbukThxySNrkjHRIl3ByRx7IE3m27q1H68V6/WotWbOZbfJD1tsnxE6cUA==</latexit>

Reporting: Kernel Interaction Trick



• Can access posterior of                    in O(p) time per iteration 
• But our goal is to find main and interaction effects 
• Step A: Report posterior of        or            in O(1) time

9

✓xi

<latexit sha1_base64="sm9Lm51YMsTN1GZyHHad9vLEtUY=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KokU9Fj04rGC/YAmhM122i7dbMLuRCyhf8OLB0W8+me8+W/ctjlo64OBx3szzMyLUikMuu63s7a+sbm1Xdop7+7tHxxWjo7bJsk0hxZPZKK7ETMghYIWCpTQTTWwOJLQica3M7/zCNqIRD3gJIUgZkMlBoIztJLv4wiQhflTKKZhperW3DnoKvEKUiUFmmHly+8nPItBIZfMmJ7nphjkTKPgEqZlPzOQMj5mQ+hZqlgMJsjnN0/puVX6dJBoWwrpXP09kbPYmEkc2c6Y4cgsezPxP6+X4eA6yIVKMwTFF4sGmaSY0FkAtC80cJQTSxjXwt5K+YhpxtHGVLYheMsvr5L2Zc2r1+r39WrjpoijRE7JGbkgHrkiDXJHmqRFOEnJM3klb07mvDjvzseidc0pZk7IHzifP4YYkgI=</latexit>

✓xixj

<latexit sha1_base64="nA5mZnrxRlCboTGwhCtuPAVClw0=">AAAB+XicbVDLSgNBEOyNrxhfqx69DAbBU9iVgB6DXjxGMA9IlmV2MknGzD6Y6Q0JS/7EiwdFvPon3vwbJ8keNLGgoajqprsrSKTQ6DjfVmFjc2t7p7hb2ts/ODyyj0+aOk4V4w0Wy1i1A6q5FBFvoEDJ24niNAwkbwWju7nfGnOlRRw94jThXkgHkegLRtFIvm13cciR+tnEF2TiP818u+xUnAXIOnFzUoYcdd/+6vZiloY8Qiap1h3XSdDLqELBJJ+VuqnmCWUjOuAdQyMacu1li8tn5MIoPdKPlakIyUL9PZHRUOtpGJjOkOJQr3pz8T+vk2L/xstElKTII7Zc1E8lwZjMYyA9oThDOTWEMiXMrYQNqaIMTVglE4K7+vI6aV5V3Gql+lAt127zOIpwBudwCS5cQw3uoQ4NYDCGZ3iFNyuzXqx362PZWrDymVP4A+vzB75Rk7w=</latexit>

g = ✓T�2

<latexit sha1_base64="Qk4F2ZQhG/MLiEnghD8hSC+Sti8=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiSloBuh6MZlhb6gjWEynTRDJw9mboQQ6q+4caGIWz/EnX/jtM1CWw9cOJxzL/fe4yWCK7Csb6O0sbm1vVPereztHxwemccnPRWnkrIujUUsBx5RTPCIdYGDYINEMhJ6gvW96e3c7z8yqXgcdSBLmBOSScR9TgloyTWrE3yNRxAwIA8dPGoH3G24Zs2qWwvgdWIXpIYKtF3zazSOaRqyCKggSg1tKwEnJxI4FWxWGaWKJYROyYQNNY1IyJSTL46f4XOtjLEfS10R4IX6eyInoVJZ6OnOkECgVr25+J83TMG/cnIeJSmwiC4X+anAEON5EnjMJaMgMk0IlVzfimlAJKGg86roEOzVl9dJr1G3m/XmfbPWuiniKKNTdIYukI0uUQvdoTbqIooy9Ixe0ZvxZLwY78bHsrVkFDNV9AfG5w/lKZOm</latexit>

• Step B: Find             sparse main effects: takes O(p) time 
• Step C: Report just the k2 strong-hierarchy interaction effects: 

takes O(k2) time

k ⌧ p
<latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit><latexit sha1_base64="4TQbTlWaY85ij08L7UpNR2At7QU=">AAAB7nicbZBNSwMxEIZn/az1q+rRS7AInsquCHosevFYwX5Au5RsmrZhs9mQzApl6Y/w4kERr/4eb/4b03YP2vpC4OGdGTLzRloKi77/7a2tb2xubZd2yrt7+weHlaPjlk0zw3iTpTI1nYhaLoXiTRQoeUcbTpNI8nYU383q7SdurEjVI040DxM6UmIoGEVntWPSk5LofqXq1/y5yCoEBVShUKNf+eoNUpYlXCGT1Npu4GsMc2pQMMmn5V5muaYspiPedahowm2Yz9edknPnDMgwNe4pJHP390ROE2snSeQ6E4pju1ybmf/VuhkOb8JcKJ0hV2zx0TCTBFMyu50MhOEM5cQBZUa4XQkbU0MZuoTKLoRg+eRVaF3WAscPV9X6bRFHCU7hDC4ggGuowz00oAkMYniGV3jztPfivXsfi9Y1r5g5gT/yPn8AlJePDw==</latexit>

g(ei) = ✓xi + ✓x2
i

<latexit sha1_base64="BF+sRWk0ZrzYVyHz6bh5btC56TI=">AAACD3icbVDJSgNBEO1xjXGLevTSGJSIEGZCQC9C0IvHCGaBJA49nUrSpGehu0YMQ/7Ai7/ixYMiXr1682/sLIeY+KDg9XtVdNXzIik02vaPtbS8srq2ntpIb25t7+xm9varOowVhwoPZajqHtMgRQAVFCihHilgvieh5vWvR37tAZQWYXCHgwhaPusGoiM4QyO5mZNuDlxxSi9pE3uAzE0eXTGkZ7PP+8LQzWTtvD0GXSTOlGTJFGU3891shzz2IUAumdYNx46wlTCFgksYppuxhojxPutCw9CA+aBbyfieIT02Spt2QmUqQDpWZycS5ms98D3T6TPs6XlvJP7nNWLsXLQSEUQxQsAnH3ViSTGko3BoWyjgKAeGMK6E2ZXyHlOMo4kwbUJw5k9eJNVC3inmi7fFbOlqGkeKHJIjkiMOOSclckPKpEI4eSIv5I28W8/Wq/VhfU5al6zpzAH5A+vrF1Fhm50=</latexit>

g(�ei) = �✓xi + ✓x2
i

<latexit sha1_base64="Kjc6rZInT1vyln3xOgq7W7W5/5g=">AAACEXicbVA9SwNBEN3z2/h1ammzGISIJNyFgDZC0MZSwRghOY+9zVyyuPfB7pwYjvwFG/+KjYUitnZ2/hs3MUWMPhh4+94MO/OCVAqNjvNlzczOzS8sLi0XVlbX1jfsza0rnWSKQ4MnMlHXAdMgRQwNFCjhOlXAokBCM7g9HfrNO1BaJPEl9lPwItaNRSg4QyP5dqlbKoMv9ukxLbexB8j8/N4XA3pAJ5431YFvF52KMwL9S9wxKZIxzn37s91JeBZBjFwyrVuuk6KXM4WCSxgU2pmGlPFb1oWWoTGLQHv56KIB3TNKh4aJMhUjHamTEzmLtO5HgemMGPb0tDcU//NaGYZHXi7iNEOI+c9HYSYpJnQYD+0IBRxl3xDGlTC7Ut5jinE0IRZMCO70yX/JVbXi1iq1i1qxfjKOY4nskF1SIi45JHVyRs5Jg3DyQJ7IC3m1Hq1n6816/2mdscYz2+QXrI9vMv+cCw==</latexit>

g(ei)� g(�ei)

2
= ✓xi

<latexit sha1_base64="cHAa0ZrvHUj59+jWBG4BZ0kERV8=">AAACEnicbZC7SgNBFIZn4y3GW9TSZjAIsTDshoA2QtDGMoLRQDYss5OzyeDshZmzYlj2GWx8FRsLRWyt7HwbZ2MKbz8MfPznHM6c30+k0GjbH1Zpbn5hcam8XFlZXVvfqG5uXeo4VRy6PJax6vlMgxQRdFGghF6igIW+hCv/+rSoX92A0iKOLnCSwCBko0gEgjM0llfddwPFeDaqgyf26QEd1Q8KyrNmTo+pi2NA5mW3nsi9as1u2FPRv+DMoEZm6njVd3cY8zSECLlkWvcdO8FBxhQKLiGvuKmGhPFrNoK+wYiFoAfZ9KSc7hlnSINYmRchnbrfJzIWaj0JfdMZMhzr37XC/K/WTzE4GmQiSlKEiH8tClJJMaZFPnQoFHCUEwOMK2H+SvmYmYzQpFgxITi/T/4Ll82G02q0zlu19sksjjLZIbukThxySNrkjHRIl3ByRx7IE3m27q1H68V6/WotWbOZbfJD1tsnxE6cUA==</latexit>

Reporting: Kernel Interaction Trick



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference 
• Fast reporting of results 

• Experiments on simulated and real data



Roadmap

• Setup: Discovering main and interaction effects 
• Our method 

• A Bayesian generative model 
• Fast inference 
• Fast reporting of results 

• Experiments on simulated and real data



Timing vs. LASSO-based methods

10



Timing vs. LASSO-based methods
• LASSO (pairs, hierarchical): O(p2) per iteration

10



Timing vs. LASSO-based methods
• LASSO (pairs, hierarchical): O(p2) per iteration [Lim, Hastie 2015]

10



Timing vs. LASSO-based methods
• LASSO (pairs, hierarchical): O(p2) per iteration 
• Our method: O(p) per iteration

[Lim, Hastie 2015]

10



Timing vs. LASSO-based methods
• LASSO (pairs, hierarchical): O(p2) per iteration 
• Our method: O(p) per iteration 
• Competitive empirically for moderate p:

Our method

[Lim, Hastie 2015]

10



Experiments: Simulated

11



Experiments: Simulated
• 36 different simulated data sets (so know true effects)

11



Experiments: Simulated
• 36 different simulated data sets (so know true effects) 

• Up to p = 500 ➔ ≈125,000 total parameters

11



Experiments: Simulated, Selection
• 36 different simulated data sets (so know true effects) 

• Up to p = 500 ➔ ≈125,000 total parameters

12



Experiments: Simulated, Selection
• 36 different simulated data sets (so know true effects) 

• Up to p = 500 ➔ ≈125,000 total parameters  
• False discovery rate (FDR): proportion incorrect

12



Experiments: Simulated, Selection
• 36 different simulated data sets (so know true effects) 

• Up to p = 500 ➔ ≈125,000 total parameters  
• False discovery rate (FDR): proportion incorrect

Main effects

12



Experiments: Simulated, Selection
• 36 different simulated data sets (so know true effects) 

• Up to p = 500 ➔ ≈125,000 total parameters  
• False discovery rate (FDR): proportion incorrect

Main effects Pairwise effects

12



Experiments: Real covariates

13



• Simulated effects: 5 main, 10 interaction

Experiments: Real covariates

13



• Simulated effects: 5 main, 10 interaction 
• Covariates: Residential Building Data Set 

• Highly correlated: 20 of 105 capture 99% of variance 

Experiments: Real covariates

13



Experiments: Real covariates

• Simulated effects: 5 main, 10 interaction 
• Covariates: Residential Building Data Set 

• Highly correlated: 20 of 105 capture 99% of variance 
• Key: (# correct effects): (# of incorrect effects) 

• Higher green is better: lower red is better

13



Experiments: Real covariates

Our method
Method #Main #Pair

 3 : 0
 2 : 5
 3 : 19

 3 : 0
 3 : 21
 3 : 18

• Simulated effects: 5 main, 10 interaction 
• Covariates: Residential Building Data Set 

• Highly correlated: 20 of 105 capture 99% of variance 
• Key: (# correct effects): (# of incorrect effects) 

• Higher green is better: lower red is better

13



Experiments: Real covariates

Our method
Method #Main #Pair

 3 : 0
 2 : 5
 3 : 19

 3 : 0
 3 : 21
 3 : 18

• Simulated effects: 5 main, 10 interaction 
• Covariates: Residential Building Data Set 

• Highly correlated: 20 of 105 capture 99% of variance 
• Key: (# correct effects): (# of incorrect effects) 

• Higher green is better: lower red is better

13



• Simulated effects: 5 main, 10 interaction 
• Covariates: Residential Building Data Set 

• Highly correlated: 20 of 105 capture 99% of variance 
• Key: (# correct effects): (# of incorrect effects) 

• Higher green is better: lower red is better

Experiments: Real covariates

Our method
Method #Main #Pair

 3 : 0
 2 : 5
 3 : 19

 3 : 0
 3 : 21
 3 : 18

13



Experiments: Real data

14



Experiments: Real data
• Covariates and response: Auto MPG

14



Experiments: Real data
• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but…

14



Experiments: Real data
• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but… 
• Augment p with 200 fake (noise) covariates 

• 21,321 total parameters

14



Experiments: Real data
• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but… 
• Augment p with 200 fake (noise) covariates 

• 21,321 total parameters 
• Key: (# original effects): (# of fake effects) 

• No order to blue: lower red is better

14



Experiments: Real data

Our method
Method

 1 : 0

 4 : 38
 2 : 78

 3 : 0
 4 : 0
 6 : 46

• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but… 
• Augment p with 200 fake (noise) covariates 

• 21,321 total parameters 
• Key: (# original effects): (# of fake effects) 

• No order to blue: lower red is better

#Main #Pair

14



Experiments: Real data

Our method
Method

 1 : 0

 4 : 38
 2 : 78

 3 : 0
 4 : 0
 6 : 46

• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but… 
• Augment p with 200 fake (noise) covariates 

• 21,321 total parameters 
• Key: (# original effects): (# of fake effects) 

• No order to blue: lower red is better

#Main #Pair

14



Experiments: Real data
• Covariates and response: Auto MPG 
• N = 398, p = 6 (real-valued), but… 
• Augment p with 200 fake (noise) covariates 

• 21,321 total parameters 
• Key: (# original effects): (# of fake effects) 

• No order to blue: lower red is better

Our method
Method #Main #Pair

 1 : 0

 4 : 38
 2 : 78

 3 : 0
 4 : 0
 6 : 46

14



Conclusions
We provide: fast, accurate detection of pairwise 
interactions

15

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501



Conclusions
We provide: fast, accurate detection of pairwise 
interactions

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions
We provide: fast, accurate detection of pairwise 
(and higher-order) interactions

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions
We provide: fast, accurate detection of pairwise 
(and higher-order) interactions 

Up next:

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions
We provide: fast, accurate detection of pairwise 
(and higher-order) interactions 

Up next: 
• Response types (binary, count, etc) & nonlinearity

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions
We provide: fast, accurate detection of pairwise 
(and higher-order) interactions 

Up next: 
• Response types (binary, count, etc) & nonlinearity 
• Improve scaling in N

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions
We provide: fast, accurate detection of pairwise 
(and higher-order) interactions 

Up next: 
• Response types (binary, count, etc) & nonlinearity 
• Improve scaling in N

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html 
JH Huggins, T Campbell, M Kasprzak, and T Broderick. Scalable Gaussian process 
inference with finite-data mean and variance guarantees. AISTATS 2019. 

R Agrawal, T Campbell, JH Huggins, and T Broderick. Data-dependent compression 
of random features for large-scale kernel approximation. AISTATS 2019.

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Conclusions

R Agrawal, BL Trippe, JH Huggins, and T Broderick. The Kernel 
interaction trick: Fast Bayesian discovery of pairwise interactions 
in high dimensions. ICML 2019. ArXiv:1905.06501
• In Pyro: http://pyro.ai/numpyro/sparse_regression.html 
JH Huggins, T Campbell, M Kasprzak, and T Broderick. Scalable Gaussian process 
inference with finite-data mean and variance guarantees. AISTATS 2019. 

R Agrawal, T Campbell, JH Huggins, and T Broderick. Data-dependent compression 
of random features for large-scale kernel approximation. AISTATS 2019.

We provide: fast, accurate detection of pairwise 
(and higher-order) interactions 

Up next: 
• Response types (binary, count, etc) & nonlinearity 
• Improve scaling in N 
• Genetics (epistasis) application, etc

Thanks to Pyro contributors! Martin Jankowiak, Du Phan, Neeraj Pradhan

15



Sparse Kernel Interaction Model (SKIM)
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: regularized horseshoe priors
: inverse gamma priors
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<latexit sha1_base64="y44O0SKPs214/AmBnMGrWCrwomA=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCBSlJEXRZdONKKtgLNDFMppN26OTCzIlQQrdufBU3LhRx6xu4822ctFlo6w8DH/85hznn9xPBFVjWt7G0vLK6tl7aKG9ube/smnv7bRWnkrIWjUUsuz5RTPCItYCDYN1EMhL6gnX80VVe7zwwqXgc3cE4YW5IBhEPOCWgLc/EDgwZEM/CjuIhdkICQ0pEdjOpWqf0vn7imRWrZk2FF8EuoIIKNT3zy+nHNA1ZBFQQpXq2lYCbEQmcCjYpO6liCaEjMmA9jREJmXKz6SUTfKydPg5iqV8EeOr+nshIqNQ49HVnvqmar+Xmf7VeCsGFm/EoSYFFdPZRkAoMMc5jwX0uGQUx1kCo5HpXTIdEEgo6vLIOwZ4/eRHa9Zqt+fas0rgs4iihQ3SEqshG56iBrlETtRBFj+gZvaI348l4Md6Nj1nrklHMHKA/Mj5/AIn1mO0=</latexit><latexit sha1_base64="y44O0SKPs214/AmBnMGrWCrwomA=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCBSlJEXRZdONKKtgLNDFMppN26OTCzIlQQrdufBU3LhRx6xu4822ctFlo6w8DH/85hznn9xPBFVjWt7G0vLK6tl7aKG9ube/smnv7bRWnkrIWjUUsuz5RTPCItYCDYN1EMhL6gnX80VVe7zwwqXgc3cE4YW5IBhEPOCWgLc/EDgwZEM/CjuIhdkICQ0pEdjOpWqf0vn7imRWrZk2FF8EuoIIKNT3zy+nHNA1ZBFQQpXq2lYCbEQmcCjYpO6liCaEjMmA9jREJmXKz6SUTfKydPg5iqV8EeOr+nshIqNQ49HVnvqmar+Xmf7VeCsGFm/EoSYFFdPZRkAoMMc5jwX0uGQUx1kCo5HpXTIdEEgo6vLIOwZ4/eRHa9Zqt+fas0rgs4iihQ3SEqshG56iBrlETtRBFj+gZvaI348l4Md6Nj1nrklHMHKA/Mj5/AIn1mO0=</latexit><latexit sha1_base64="y44O0SKPs214/AmBnMGrWCrwomA=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCBSlJEXRZdONKKtgLNDFMppN26OTCzIlQQrdufBU3LhRx6xu4822ctFlo6w8DH/85hznn9xPBFVjWt7G0vLK6tl7aKG9ube/smnv7bRWnkrIWjUUsuz5RTPCItYCDYN1EMhL6gnX80VVe7zwwqXgc3cE4YW5IBhEPOCWgLc/EDgwZEM/CjuIhdkICQ0pEdjOpWqf0vn7imRWrZk2FF8EuoIIKNT3zy+nHNA1ZBFQQpXq2lYCbEQmcCjYpO6liCaEjMmA9jREJmXKz6SUTfKydPg5iqV8EeOr+nshIqNQ49HVnvqmar+Xmf7VeCsGFm/EoSYFFdPZRkAoMMc5jwX0uGQUx1kCo5HpXTIdEEgo6vLIOwZ4/eRHa9Zqt+fas0rgs4iihQ3SEqshG56iBrlETtRBFj+gZvaI348l4Md6Nj1nrklHMHKA/Mj5/AIn1mO0=</latexit><latexit sha1_base64="y44O0SKPs214/AmBnMGrWCrwomA=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCBSlJEXRZdONKKtgLNDFMppN26OTCzIlQQrdufBU3LhRx6xu4822ctFlo6w8DH/85hznn9xPBFVjWt7G0vLK6tl7aKG9ube/smnv7bRWnkrIWjUUsuz5RTPCItYCDYN1EMhL6gnX80VVe7zwwqXgc3cE4YW5IBhEPOCWgLc/EDgwZEM/CjuIhdkICQ0pEdjOpWqf0vn7imRWrZk2FF8EuoIIKNT3zy+nHNA1ZBFQQpXq2lYCbEQmcCjYpO6liCaEjMmA9jREJmXKz6SUTfKydPg5iqV8EeOr+nshIqNQ49HVnvqmar+Xmf7VeCsGFm/EoSYFFdPZRkAoMMc5jwX0uGQUx1kCo5HpXTIdEEgo6vLIOwZ4/eRHa9Zqt+fas0rgs4iihQ3SEqshG56iBrlETtRBFj+gZvaI348l4Md6Nj1nrklHMHKA/Mj5/AIn1mO0=</latexit>

m2, ⇠2, 2, c2
<latexit sha1_base64="gNrNYomvn6GHNGXZBR7Av6N6/00=">AAACAHicbVDLSsNAFL2pr1pfURcu3AwWwYWUpAi6LLpxWcE+oE3LZDpph84kYWYiltCNv+LGhSJu/Qx3/o3TNAttPTDcwzn3cuceP+ZMacf5tgorq2vrG8XN0tb2zu6evX/QVFEiCW2QiEey7WNFOQtpQzPNaTuWFAuf05Y/vpn5rQcqFYvCez2JqSfwMGQBI1gbqW8fiV71HHUfWVZilVXSq/btslNxMqBl4uakDDnqffurO4 hIImioCcdKdVwn1l6KpWaE02mpmygaYzLGQ9oxNMSCKi/NDpiiU6MMUBBJ80KNMvX3RIqFUhPhm06B9UgtejPxP6+T6ODKS1kYJ5qGZL4oSDjSEZqlgQZMUqL5xBBMJDN/RWSEJSbaZFYyIbiLJy+TZrXiGn53Ua5d53EU4RhO4AxcuIQa3EIdGkBgCs/wCm/Wk/VivVsf89aClc8cwh9Ynz+E5pRq</latexit><latexit sha1_base64="gNrNYomvn6GHNGXZBR7Av6N6/00=">AAACAHicbVDLSsNAFL2pr1pfURcu3AwWwYWUpAi6LLpxWcE+oE3LZDpph84kYWYiltCNv+LGhSJu/Qx3/o3TNAttPTDcwzn3cuceP+ZMacf5tgorq2vrG8XN0tb2zu6evX/QVFEiCW2QiEey7WNFOQtpQzPNaTuWFAuf05Y/vpn5rQcqFYvCez2JqSfwMGQBI1gbqW8fiV71HHUfWVZilVXSq/btslNxMqBl4uakDDnqffurO4 hIImioCcdKdVwn1l6KpWaE02mpmygaYzLGQ9oxNMSCKi/NDpiiU6MMUBBJ80KNMvX3RIqFUhPhm06B9UgtejPxP6+T6ODKS1kYJ5qGZL4oSDjSEZqlgQZMUqL5xBBMJDN/RWSEJSbaZFYyIbiLJy+TZrXiGn53Ua5d53EU4RhO4AxcuIQa3EIdGkBgCs/wCm/Wk/VivVsf89aClc8cwh9Ynz+E5pRq</latexit><latexit sha1_base64="gNrNYomvn6GHNGXZBR7Av6N6/00=">AAACAHicbVDLSsNAFL2pr1pfURcu3AwWwYWUpAi6LLpxWcE+oE3LZDpph84kYWYiltCNv+LGhSJu/Qx3/o3TNAttPTDcwzn3cuceP+ZMacf5tgorq2vrG8XN0tb2zu6evX/QVFEiCW2QiEey7WNFOQtpQzPNaTuWFAuf05Y/vpn5rQcqFYvCez2JqSfwMGQBI1gbqW8fiV71HHUfWVZilVXSq/btslNxMqBl4uakDDnqffurO4 hIImioCcdKdVwn1l6KpWaE02mpmygaYzLGQ9oxNMSCKi/NDpiiU6MMUBBJ80KNMvX3RIqFUhPhm06B9UgtejPxP6+T6ODKS1kYJ5qGZL4oSDjSEZqlgQZMUqL5xBBMJDN/RWSEJSbaZFYyIbiLJy+TZrXiGn53Ua5d53EU4RhO4AxcuIQa3EIdGkBgCs/wCm/Wk/VivVsf89aClc8cwh9Ynz+E5pRq</latexit><latexit sha1_base64="gNrNYomvn6GHNGXZBR7Av6N6/00=">AAACAHicbVDLSsNAFL2pr1pfURcu3AwWwYWUpAi6LLpxWcE+oE3LZDpph84kYWYiltCNv+LGhSJu/Qx3/o3TNAttPTDcwzn3cuceP+ZMacf5tgorq2vrG8XN0tb2zu6evX/QVFEiCW2QiEey7WNFOQtpQzPNaTuWFAuf05Y/vpn5rQcqFYvCez2JqSfwMGQBI1gbqW8fiV71HHUfWVZilVXSq/btslNxMqBl4uakDDnqffurO4 hIImioCcdKdVwn1l6KpWaE02mpmygaYzLGQ9oxNMSCKi/NDpiiU6MMUBBJ80KNMvX3RIqFUhPhm06B9UgtejPxP6+T6ODKS1kYJ5qGZL4oSDjSEZqlgQZMUqL5xBBMJDN/RWSEJSbaZFYyIbiLJy+TZrXiGn53Ua5d53EU4RhO4AxcuIQa3EIdGkBgCs/wCm/Wk/VivVsf89aClc8cwh9Ynz+E5pRq</latexit>

➔ sparsity
➔  strong 

hierarchy
(Compare to 
Chipman 1996, 
Griffin & Brown 2017)

[Carvalho et al 2009; Piironen, Vehtari 2017]

�>
2 (x) := [1, x1, . . . , xp,

<latexit sha1_base64="A5GkP5wMydu62G3e9l9PLVxN1XI=">AAACD3icbZDLSgMxFIYz9VbrrerSTbAoFUqZKYIiCEU3LivYC3TqkEnTNjQzGZIz0jL0Ddz4Km5cKOLWrTvfxvSy0NYfAh//OYeT8/uR4Bps+9tKLS2vrK6l1zMbm1vbO9ndvZqWsaKsSqWQquETzQQPWRU4CNaIFCOBL1jd71+P6/UHpjSX4R0MI9YKSDfkHU4JGMvLHruVHvdK94kLMhrlByf44hI3ncLAcwquaEvQBqOCl83ZRXsivAjODHJopoqX/XLbksYBC4EKonXTsSNoJUQBp4KNMm6sWURon3RZ02BIAqZbyeSeET4yTht3pDIvBDxxf08kJNB6GPimMyDQ0/O1sflfrRlD57yV8DCKgYV0uqgTCwwSj8PBba4YBTE0QKji5q+Y9ogiFEyEGROCM3/yItRKRcfw7WmufDWLI40O0CHKIwedoTK6QRVURRQ9omf0it6sJ+vFerc+pq0pazazj/7I+vwBFXeaxw==</latexit><latexit sha1_base64="A5GkP5wMydu62G3e9l9PLVxN1XI=">AAACD3icbZDLSgMxFIYz9VbrrerSTbAoFUqZKYIiCEU3LivYC3TqkEnTNjQzGZIz0jL0Ddz4Km5cKOLWrTvfxvSy0NYfAh//OYeT8/uR4Bps+9tKLS2vrK6l1zMbm1vbO9ndvZqWsaKsSqWQquETzQQPWRU4CNaIFCOBL1jd71+P6/UHpjSX4R0MI9YKSDfkHU4JGMvLHruVHvdK94kLMhrlByf44hI3ncLAcwquaEvQBqOCl83ZRXsivAjODHJopoqX/XLbksYBC4EKonXTsSNoJUQBp4KNMm6sWURon3RZ02BIAqZbyeSeET4yTht3pDIvBDxxf08kJNB6GPimMyDQ0/O1sflfrRlD57yV8DCKgYV0uqgTCwwSj8PBba4YBTE0QKji5q+Y9ogiFEyEGROCM3/yItRKRcfw7WmufDWLI40O0CHKIwedoTK6QRVURRQ9omf0it6sJ+vFerc+pq0pazazj/7I+vwBFXeaxw==</latexit><latexit sha1_base64="A5GkP5wMydu62G3e9l9PLVxN1XI=">AAACD3icbZDLSgMxFIYz9VbrrerSTbAoFUqZKYIiCEU3LivYC3TqkEnTNjQzGZIz0jL0Ddz4Km5cKOLWrTvfxvSy0NYfAh//OYeT8/uR4Bps+9tKLS2vrK6l1zMbm1vbO9ndvZqWsaKsSqWQquETzQQPWRU4CNaIFCOBL1jd71+P6/UHpjSX4R0MI9YKSDfkHU4JGMvLHruVHvdK94kLMhrlByf44hI3ncLAcwquaEvQBqOCl83ZRXsivAjODHJopoqX/XLbksYBC4EKonXTsSNoJUQBp4KNMm6sWURon3RZ02BIAqZbyeSeET4yTht3pDIvBDxxf08kJNB6GPimMyDQ0/O1sflfrRlD57yV8DCKgYV0uqgTCwwSj8PBba4YBTE0QKji5q+Y9ogiFEyEGROCM3/yItRKRcfw7WmufDWLI40O0CHKIwedoTK6QRVURRQ9omf0it6sJ+vFerc+pq0pazazj/7I+vwBFXeaxw==</latexit><latexit sha1_base64="A5GkP5wMydu62G3e9l9PLVxN1XI=">AAACD3icbZDLSgMxFIYz9VbrrerSTbAoFUqZKYIiCEU3LivYC3TqkEnTNjQzGZIz0jL0Ddz4Km5cKOLWrTvfxvSy0NYfAh//OYeT8/uR4Bps+9tKLS2vrK6l1zMbm1vbO9ndvZqWsaKsSqWQquETzQQPWRU4CNaIFCOBL1jd71+P6/UHpjSX4R0MI9YKSDfkHU4JGMvLHruVHvdK94kLMhrlByf44hI3ncLAcwquaEvQBqOCl83ZRXsivAjODHJopoqX/XLbksYBC4EKonXTsSNoJUQBp4KNMm6sWURon3RZ02BIAqZbyeSeET4yTht3pDIvBDxxf08kJNB6GPimMyDQ0/O1sflfrRlD57yV8DCKgYV0uqgTCwwSj8PBba4YBTE0QKji5q+Y9ogiFEyEGROCM3/yItRKRcfw7WmufDWLI40O0CHKIwedoTK6QRVURRQ9omf0it6sJ+vFerc+pq0pazazj/7I+vwBFXeaxw==</latexit>

x2
1, x1x2, . . . , x

2
p]

<latexit sha1_base64="7HT3RTd7qXkSte5bmXHnl9XFnV8=">AAACB3icbZBNS8NAEIY3ftb6FfUoyGIRPEhJiqDHohePFewHtGnYbDbt0s1u2N2IJfTmxb/ixYMiXv0L3vw3btoctHVg2Id3ZpidN0gYVdpxvq2l5ZXVtfXSRnlza3tn197bbymRSkyaWDAhOwFShFFOmppqRjqJJCgOGGkHo+u83r4nUlHB7/Q4IV6MBpxGFCNtJN8+evDdfu0MmsekgR4LhVa5kPRrnm9XnKozDbgIbgEVUETDt796ocBpTLjGDCnVdZ1EexmSmmJGJuVeqkiC8AgNSNcgRzFRXja9YwJPjBLCSEiTXMOp+nsiQ7FS4zgwnTHSQzVfy8X/at1UR5deRnmSasLxbFGUMqgFzE2BIZUEazY2gLCk5q8QD5FEWBvrysYEd/7kRWjVqq7h2/NK/aqwowQOwTE4BS64AHVwAxqgCTB4BM/gFbxZT9aL9W59zFqXrGLmAPwJ6/MHmTGXOg==</latexit><latexit sha1_base64="7HT3RTd7qXkSte5bmXHnl9XFnV8=">AAACB3icbZBNS8NAEIY3ftb6FfUoyGIRPEhJiqDHohePFewHtGnYbDbt0s1u2N2IJfTmxb/ixYMiXv0L3vw3btoctHVg2Id3ZpidN0gYVdpxvq2l5ZXVtfXSRnlza3tn197bbymRSkyaWDAhOwFShFFOmppqRjqJJCgOGGkHo+u83r4nUlHB7/Q4IV6MBpxGFCNtJN8+evDdfu0MmsekgR4LhVa5kPRrnm9XnKozDbgIbgEVUETDt796ocBpTLjGDCnVdZ1EexmSmmJGJuVeqkiC8AgNSNcgRzFRXja9YwJPjBLCSEiTXMOp+nsiQ7FS4zgwnTHSQzVfy8X/at1UR5deRnmSasLxbFGUMqgFzE2BIZUEazY2gLCk5q8QD5FEWBvrysYEd/7kRWjVqq7h2/NK/aqwowQOwTE4BS64AHVwAxqgCTB4BM/gFbxZT9aL9W59zFqXrGLmAPwJ6/MHmTGXOg==</latexit><latexit sha1_base64="7HT3RTd7qXkSte5bmXHnl9XFnV8=">AAACB3icbZBNS8NAEIY3ftb6FfUoyGIRPEhJiqDHohePFewHtGnYbDbt0s1u2N2IJfTmxb/ixYMiXv0L3vw3btoctHVg2Id3ZpidN0gYVdpxvq2l5ZXVtfXSRnlza3tn197bbymRSkyaWDAhOwFShFFOmppqRjqJJCgOGGkHo+u83r4nUlHB7/Q4IV6MBpxGFCNtJN8+evDdfu0MmsekgR4LhVa5kPRrnm9XnKozDbgIbgEVUETDt796ocBpTLjGDCnVdZ1EexmSmmJGJuVeqkiC8AgNSNcgRzFRXja9YwJPjBLCSEiTXMOp+nsiQ7FS4zgwnTHSQzVfy8X/at1UR5deRnmSasLxbFGUMqgFzE2BIZUEazY2gLCk5q8QD5FEWBvrysYEd/7kRWjVqq7h2/NK/aqwowQOwTE4BS64AHVwAxqgCTB4BM/gFbxZT9aL9W59zFqXrGLmAPwJ6/MHmTGXOg==</latexit><latexit sha1_base64="7HT3RTd7qXkSte5bmXHnl9XFnV8=">AAACB3icbZBNS8NAEIY3ftb6FfUoyGIRPEhJiqDHohePFewHtGnYbDbt0s1u2N2IJfTmxb/ixYMiXv0L3vw3btoctHVg2Id3ZpidN0gYVdpxvq2l5ZXVtfXSRnlza3tn197bbymRSkyaWDAhOwFShFFOmppqRjqJJCgOGGkHo+u83r4nUlHB7/Q4IV6MBpxGFCNtJN8+evDdfu0MmsekgR4LhVa5kPRrnm9XnKozDbgIbgEVUETDt796ocBpTLjGDCnVdZ1EexmSmmJGJuVeqkiC8AgNSNcgRzFRXja9YwJPjBLCSEiTXMOp+nsiQ7FS4zgwnTHSQzVfy8X/at1UR5deRnmSasLxbFGUMqgFzE2BIZUEazY2gLCk5q8QD5FEWBvrysYEd/7kRWjVqq7h2/NK/aqwowQOwTE4BS64AHVwAxqgCTB4BM/gFbxZT9aL9W59zFqXrGLmAPwJ6/MHmTGXOg==</latexit>

�2 ⇠ p(�2)
<latexit sha1_base64="vbklFN31zWLYO2hctBWC0hzBDgU=">AAACAnicbZDLSgMxFIbPeK31NupK3ASLUDdlpgi6LLpxWcFeoB1LJk3b0CQzJBmhDMWNr+LGhSJufQp3vo1pO4K2/hD48p9zSM4fxpxp43lfztLyyuraem4jv7m1vbPr7u3XdZQoQmsk4pFqhlhTziStGWY4bcaKYhFy2giHV5N6454qzSJ5a0YxDQTuS9ZjBBtrddzDtmZ9ge/KyIJAcfHnftpxC17Jmwotgp9BATJVO+5nuxuRRFBpCMdat3wvNkGKlWGE03G+nWgaYzLEfdqyKLGgOkinK4zRiXW6qBcpe6RBU/f3RIqF1iMR2k6BzUDP1ybmf7VWYnoXQcpknBgqyeyhXsKRidAkD9RlihLDRxYwUcz+FZEBVpgYm1rehuDPr7wI9XLJt3xzVqhcZnHk4AiOoQg+nEMFrqEKNSDwAE/wAq/Oo/PsvDnvs9YlJ5s5gD9yPr4Bn+qWRQ==</latexit><latexit sha1_base64="vbklFN31zWLYO2hctBWC0hzBDgU=">AAACAnicbZDLSgMxFIbPeK31NupK3ASLUDdlpgi6LLpxWcFeoB1LJk3b0CQzJBmhDMWNr+LGhSJufQp3vo1pO4K2/hD48p9zSM4fxpxp43lfztLyyuraem4jv7m1vbPr7u3XdZQoQmsk4pFqhlhTziStGWY4bcaKYhFy2giHV5N6454qzSJ5a0YxDQTuS9ZjBBtrddzDtmZ9ge/KyIJAcfHnftpxC17Jmwotgp9BATJVO+5nuxuRRFBpCMdat3wvNkGKlWGE03G+nWgaYzLEfdqyKLGgOkinK4zRiXW6qBcpe6RBU/f3RIqF1iMR2k6BzUDP1ybmf7VWYnoXQcpknBgqyeyhXsKRidAkD9RlihLDRxYwUcz+FZEBVpgYm1rehuDPr7wI9XLJt3xzVqhcZnHk4AiOoQg+nEMFrqEKNSDwAE/wAq/Oo/PsvDnvs9YlJ5s5gD9yPr4Bn+qWRQ==</latexit><latexit sha1_base64="vbklFN31zWLYO2hctBWC0hzBDgU=">AAACAnicbZDLSgMxFIbPeK31NupK3ASLUDdlpgi6LLpxWcFeoB1LJk3b0CQzJBmhDMWNr+LGhSJufQp3vo1pO4K2/hD48p9zSM4fxpxp43lfztLyyuraem4jv7m1vbPr7u3XdZQoQmsk4pFqhlhTziStGWY4bcaKYhFy2giHV5N6454qzSJ5a0YxDQTuS9ZjBBtrddzDtmZ9ge/KyIJAcfHnftpxC17Jmwotgp9BATJVO+5nuxuRRFBpCMdat3wvNkGKlWGE03G+nWgaYzLEfdqyKLGgOkinK4zRiXW6qBcpe6RBU/f3RIqF1iMR2k6BzUDP1ybmf7VWYnoXQcpknBgqyeyhXsKRidAkD9RlihLDRxYwUcz+FZEBVpgYm1rehuDPr7wI9XLJt3xzVqhcZnHk4AiOoQg+nEMFrqEKNSDwAE/wAq/Oo/PsvDnvs9YlJ5s5gD9yPr4Bn+qWRQ==</latexit><latexit sha1_base64="vbklFN31zWLYO2hctBWC0hzBDgU=">AAACAnicbZDLSgMxFIbPeK31NupK3ASLUDdlpgi6LLpxWcFeoB1LJk3b0CQzJBmhDMWNr+LGhSJufQp3vo1pO4K2/hD48p9zSM4fxpxp43lfztLyyuraem4jv7m1vbPr7u3XdZQoQmsk4pFqhlhTziStGWY4bcaKYhFy2giHV5N6454qzSJ5a0YxDQTuS9ZjBBtrddzDtmZ9ge/KyIJAcfHnftpxC17Jmwotgp9BATJVO+5nuxuRRFBpCMdat3wvNkGKlWGE03G+nWgaYzLEfdqyKLGgOkinK4zRiXW6qBcpe6RBU/f3RIqF1iMR2k6BzUDP1ybmf7VWYnoXQcpknBgqyeyhXsKRidAkD9RlihLDRxYwUcz+FZEBVpgYm1rehuDPr7wI9XLJt3xzVqhcZnHk4AiOoQg+nEMFrqEKNSDwAE/wAq/Oo/PsvDnvs9YlJ5s5gD9yPr4Bn+qWRQ==</latexit>

s.t.

Likelihood

SKIM prior

• Challenge: p2 
parameters 

• Helpful: Conditional 
conjugacy / 
Gaussian process 

• Note: Specific case 
of a broader class of 
models


